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We follow the terminology and notion of [3]. By a well known theorem of Vizing it 
follows that the chromatic index z'(G) of a cubic graph G is 3 or 4. If z'(G) = 4 we say 
that G is non-Tait-colourable. 
Holroyd and Loupekine [1] defined a bottleneck in a non-Tait-colourable cubic 
graph G = (V,E) to be a minimal set ~ of odd cuts such that, for any subset S of E, 
either S or E\S  contains at least one member of .~. They made the following 
conjecture: 
Conjecture (Holroyd and Loupekine [1]). In any non-Tait-colourable bridgeless 
cubic graph, the cuts of orders 3 and 5 form a bottleneck. 
Proposition. This statement is not true for any cyclically 6-edge connected non-Tait- 
colourable cubic graph. 
Proof. Consider a cyclically 6-edge connected non-Tait-colourable cubic graph 
G = (V, E). The 3- and 5-cuts do not separate cycles. By a theorem of Petersen [4] 
G has a 1-factor S. It is easy to see that the intersection of any 3- or 5-cut with S as well 
as with E \S  is not empty. Therefore, the 3- and 5-cuts do not form a bottleneck. [] 
There are cyclically 6-edge connected non-Tait-colourable cubic graphs, e.g. Isaacs' 
flower snark Jk, k > 5 [2]. 
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